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DeCarli [1] introduced the sequence { M, } of elements of an arhitrary ring with identity S by
Myv2 = AtMpwr +AoM, for n=0,
where Mg, My, Ag and A are arbitrary elements of S. He considers in particular the gase which he calls the sequence
{F,, } with
Frip = AgFpeg +AgFn  for n>0
where Fp = 0 (the zero of the ring) F; =/ {the identity) and Ag and A 7 are arbitrary elements of S,

A number of DeCarli's theorems can be simplified in the special case where dpA; =A7Ap. We use the following
theorems which are easily proved by induction.

Theorem 1. AoFn = Fnho,  A1Fn = FaA; forall o
Theovem 2. FnFm = FnFn forall m and n

Thus DeCarli’s Theorem 3
FnFptr~ FpnerFn = FpfrAgFp-1— Fa-1AoF1Fp
becomes trivial.
Also we can prove that £, commutes with any element of S which commutes with Ag and A 4. In particular when
Agpand A7 commute with all elements of S so does F,.
The two parts of DeCarli’s Corollary 1 can thus be rewritten as
. 2
Fpo1Fp-1—Fn = AO(FE.J - FnFp-2)
In the same way as above for the general sequence, if Mg, My, Ag and A all commute with each other thenall
Mn's commute with each other and with Agand Ay.
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