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Substituting into (7) and changing the variable x to z by x = (2/4/5 )z, obtain

(1- z‘g}?r'g',,+1(z) —2-Tons1lz}+(2n + 1}2T2,,+7(z) =0
defining the required polynomials [4: 22.6.9 p. 781]. The case for k even may be handied similarly.
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Letk > 8 2|k K :=4k+ 3, the conditions

Vis1 T F Vich+1 = ZK, 0 < rer1 < 2vpry, 2/ e+t
define the integers rg+7, re uniquely. Then 2rig+7 < re. Let
‘ 1= 2rig1 + 1 G=k-1k=2-,1)
then j 1T 2 )
0< 21 <t;, 2/17%20j Vppijtvjrag =25 (= k=1k=2 -, 1)

Zri+ry = 2K 0 < 2ry < 2K,

Letye = 2-2K+r1 , Xk = 3y +.2K,- then 2.2K < Yk» 24 Yk, 2 {xk. The defining equation for x; gives
Hlxk, yi) = 2. The defining equations for xg, yk, rj (j= 1, 2, -, k — 1) are the beginning of a.: algorithm by greatest
and. by nearest integers for x4, y4 and therefore Nixy, yr) > k For an arbitrary integer s > 0, let g := X5, A = Vs
in case 2|s and gg /= X541, hs ;= Y47 in case 2 s This proves

Theorem 2.  For every integer s > 0 there exist odd integers gg > hs > 0 with E(gs, hs) > Nlgs, hs) >,
Hlgs, hs)= 2.

Nothing is known about the average size of H(a,b).
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