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A prime p possesses a Fibonacci primitive root (FPR) g if g is a primitive 
root (mod p) satisfying 

g2 = g + 1 (mod p). 

This definition was given in [2], and properties of FPRs were worked out 
in [2] and [3]. A good discussion of FPRs is contained in [4]. 

In [2] an asymptotic density for the set of primes having a FPR in the set 
of all primes was conjectured, and that this density is correct subject to a 
generalized Riemann Hypothesis was shown in[l], but it is still an open ques-
tion as to whether or not infinitely many primes possess FPRs. The purpose of 
this note is to provide a sufficient condition that a prime should possess a 
FPR. 

Theorem: If p = 60fc - 1 and q = 30k - 1 are both prime, then p has a FPR. 

Proof: p E 3 (mod 4) implies that at most one of {a, -a} is a primitive 
root of p for any a such that 2 <_ a <_ (p - l)/2=q; q prime implies that there 
are q- 1 primitive roots of p in all, so exactly one of {a9 -a} is a primitive 
root of p. 

p E -1 (mod 10) implies that two solutions to the congruence 

x2 - x - 1 E 0 (mod p) 

exist. These solutions may be written as g and 1 - g. 
Shanks points out that since g2 - g - 1 E 0 (mod p), 

g(g - 1) E 1 (mod p), 

so that g is a primitive root iff g- 1 is a primitive root. # - 1 is a primi-
tive root iff ~{g- 1) = 1 - g is not a primitive root. Thus exactly one of the 
solutions to the congruence is a FPR of p. 

Conditions similar to that in this theorem occur frequently in theorems in 
the literature about existence or ordering of primitive roots. Theorems 38-40 
in [4] are well-known instances of this. In [3] it is observed that primes p 
satisfying sufficient conditions to have two sets of three consecutive primi-
tive roots (a FPR g9 g- 1, and g- 2, and -2, -3, and -4) must be of the form 
120k - 1, with 60/c - 1 also prime. Using the theorem above, it is not neces-
sary to presuppose that p has a FPR. 
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